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�Èã�5���ãØó�ö'5�ïÄé�"�ǑÙ��´(k��È§(k��ÈãG1�G2�ëÏÝ��´��vk)û�¯K"�3 1957, Sabidussi3©z [6]¥Òy²
µü�ëÏ��ã G1 Ú G2�(k��Èã:ëÏÝ

κ(G1�G2) ≥ κ(G1) + κ(G2). (1.1)

1998§·�<3©z [8]¥òù�(Jí2�k�ã. 1999, Chiue Ú Shieh [4] �Ñü�ëÏ��ã�(kÆ�Èã�>ëÏÝ
λ(G1� G2) ≥ λ(G1) + λ(G2). (1.2)Ød�	, Òvk�?�Ú�(J
"2003 3�§¥I�ÆEâ�Æ 1999?��)����.�Ø©"ù�§�®²��Áí�Ǒ·�aÆëÖïÄ)§·F"�ò5U3�Èã§AO´(k��ÈãëÏÝ�¡�
¤ïÄ"�Ǒ£}ï§3����.�Ø©5(kÆ�Èã�ëÏÝ6¥���
é��(J"�5§·��n
ù
(J�y²§uL35Discrete Mathematics6£2006¤§ë�©z [9]"3��©Ù¥§éuëÏ��ãG1 ÚG2�(k��Èã>ëÏÝ§·���§�°(L�ªµ

λ(G1�G2) = min{δ(G1) + δ(G2), λ(G1)v(G2), λ(G2)v(G1)}. (1.3)éu:ëÏÝ§·��U�Ñ��e.µ
κ(G1�G2) ≥ min{κ(G1) + δ(G2), κ(G2) + δ(G1)}. (1.4)éurëÏk�ãG1 ÚG2�(k��Èã§·�Ǒ�Ñ§�:ëÏÝ�e.µ

κ(G1�G2) ≥ min{κ(G1) + δ(G2), κ(G2) + δ(G1), 2κ(G1) + κ(G2), 2κ(G2) + κ(G1)}. (1.5)
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ª£1.3¤́ ��~n��(J"ª£1.4¤Úª£1.5¤í2
ª£1.1¤§��y²Ù�Ò¤áK��(J"ÄÙ�Ï´·�¤æ^��{Ñ´|^Menger½n§ÏL�E:£>¤Ø��´5¼�e.�"��¼�ª£1.4¤Úª£1.5¤¥��Ò§7LÏé#��{"ã�,�«�È�¡Ǒr�Èκ(G1 ⊠ G2)"2004 12� 10F§·�a¬)�h�¤
��Ø©/Connectivity of Strong Product Graphs0§¿Ý�5¥I�ÆEâ�ÆÆ�6§2005 2� 28F��Â§2006uL§�ë�©z [7]"T©ïÄr�Èã�ëÏÝ§¼���ãr�È�ëÏÝ��e.:

κ(G1 ⊠ G2) ≥ min{κ1(1 + δ2), κ2(1 + δ1)}. (1.6)T©�y²Ó��´æ^�E�{"
2005 8� 22F§·Â�5Networks6?6Üu5����µ"�©vµC. Balbuena, P. Garcia-

Vazquez and X. Marcote, Reliability of Interconnection Networks Modeled by a Product of Graphs. v�?Òµnet05-31"T©?Ød
Bermond et al [2] JÑ�,�«�ÈãG1 ∗ G2 �ëÏÝ§¼��Ì�(J´µXJG1 ÚG2 ´ëÏ��ã§K
κ(G1 ∗ G2) ≥ min{κ(G1)v(G2), (δ(G1) + 1)κ(G2), δ(G1) + δ(G2)}. (1.7)·Ú�Ñ[ïÖ
d©"T©Ø´æ^�E�{§´|^é��©l8�©Û�{"

2005 9� 11F§·u�µ"¿�"3#QãT©�Ì�(J�§rNµ/These results are of

important significance. All proofs are correct and well written. Especially, the proof technique presented

in the manuscript may be used to solve the connectivity of other kinds of product graphs. In my opinion

this paper is worth publishing in NETWORKS.0T©JÑ�ïÄ�{é·�?�ÚïÄ(k��ÈãëÏÝékéu"·�æ^Balbuena�<��{§û½é�hïÄ�r�Èã�ëÏÝ#?1ïÄ"3ü�ëÏãG1 ÚG2 �r�Èã
G1 ⊠ G2 �ëÏÝÚ>ëÏÝ���
én��(JµXJ G1 Ú G2 Ñ´ëÏ���ã§K

λ(G1 ⊠ G2) = min{λ1(n2 + 2m2), λ2(n1 + 2m1), δ1 + δ2 + δ1δ2}; (1.8)XJ G1 Ú G2 Ñ´4�ëÏ���ã§K
κ(G1 ⊠ G2) = min{δ1n2, δ2n1, δ1 + δ2 + δ1δ2}. (1.9)Ù¥ ni, mi, λi Ú δi ©OL« Gi(i = 1, 2) ��ê, >ê, >ëÏÝÚ��Ý"�Ôw$§���U"2005 10�7F§·Sü�3�;�ïÄ)?Ø�þ±/Connectivity

and Edge-connectivity of Strong Product Graphs0ǑK�w
ù
ïÄ¤J"3?ØÚf�¿��§u 2005 12� 12F§��¤Ø©/Connectivity and Edge-connectivity of Strong Product Graphs0��v"·�ÏLAÓ�?Ø§?UÚ�õ§u 20065� 10FÄ�½v"·��3Ïé��'�p?�,�§O�Ýv"·���5êÆÆ�6®²� SCIÂ¹§û½òdvÝ�5êÆÆ�6§å���U¯/uL"
§2 �´àÑ§�7��·�;Ý��/O�Ýv�§�´àÑ§�7"2006 5� 23F§·Â�5Discussiones

Mathematicae Graph Theory6?6Üu5�>fv�§��µ"v�µB. Brešar, S. Špacapan, Edge-

connectivity of strong products of graphs. v�?Òµ#429"
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Edge-connectivity of strong products of graphs

This paper discusses the edge-connectivity of strong products of graphs. It could be a constructive

approach. However, a flaw is included in this paper which many influence the correctness of the proof of

the main result of this paper.

Major Comments

There is a flaw in the proof of Lemma 3. The problem appears in Page 5, Line 5: If |A∪B| ≥ 4 we

find that next to 2degG(a) grey cross edges described in the previous paragraph, there are additional grey

cross edges, namely (a′′, v)(x, u) or (a′′, u)(x, v), where a′′ ∈ A∪B and a′′ /∈ {a, a′} (where x ∈ C ∪D is

a neighbor of a′′)...

The argument is wrong if C ∪ D = ∅ (there will be no additional grey cross edges). And this is

possible, the counterexample is given by that G is a complete bipartite Kn,n (See the following Fig. where

G = K3,3).
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A B

ã 1: |A ∪ B| ≥ 4 but no additional grey edges

So the second assertion of Lemma 3, which claimed that pG(Gu ∩ Ci) = pG(Gv ∩ Ci) for i = 1, 2 if

there are exactly 2λ(G) grey cross edges, is in doubt. And so did the main theorem since it depended on

Lemma 3.

Minor Comments

1. Page 7, first line after Case 3.2, ‘d(k + l) > δ1’ should be ‘d(k + l) ≥ δ1’.

2. Page 8, Line 4, missing something in ‘degG H(x, y)’.

Conclusions

If the authors will consider all these points in their revision, then I could recommend this paper for

publication in “Discussiones Mathematicae Graph Theory”.�5§·���vkÂ�?6Ü��"Ú�ö�?U¿�§�ù�©Ù��ÂuL
§�ë�©z [3]"·���vkw���uL��©Ù§·Qu&��ö¢�L§��8Ø�£Ñ§ǑØ����©Ù¥��É´No?Ö�"ǑNÖö¬¯µ\���Ǒ®²¼�
aq�(J§Q,uy
y²¥��É§Ǒ�oØµàù�©Ùº·�Ì�Ñuü:�Äµ�´ù�©Ù�(Ø´�(�§ÏǑ·�Ǒ��ù�(J"�ǑÕá���(J§3��Ø����¹e´�±ÕáuL�"�´§T©�Ún 3¥^��f§Ù¢^��±\r§X·��^
ù���Únµ
Lemma 3 Let H be a nontrivial connected graph with edge-connectivity λ and B an edge-cut of

K2 ⊙ H that separates aH and bH , then |B| > 2λ.·�3µ"¿�¥^
/There is a flaw in the proof of Lemma 30"ùp/flaw0£�É¤�3v�µ"¿�¥´�~^�ó¹O��`"Ù¢§T©�Ún 3´�Ø�"·�3ïÆT©uL´k^��/If the authors will consider all these points in their revision0"Ñué�öKI�Ä§·�µ"¿�´lõ�"Uì"v.~§?6ÜATr?U��©v2�µ"<"��e"�·�vkw�?Uv§�d©(¢uL
"X�§ù�lõÞÄ%ç5
gCØ©�Ø3�Ǒ�´ù�lõ�ÞÄ�·�gC�Ø©Ú5à��Á�
§3 Ø3�¯�ªuu)


2006 11� 13FþÌ 11: 20©§·���5êÆÆ�6?6Ü�>fe�§e�ÌKµ�s)º"·�[�Ö
I�·�)º�SN§u�FeÌ 14: 52©§£&�?6Ü§é¤Î¯�¯KÅ�?1
)º£äN)ºSN��¡��F&¤"2006 11� 15FeÌ§Â�5êÆÆ�6?6Ü�>fe�§·��w�§Tv�áýuL"/XJséòvndkÉÆ§�sò�F&ÏL emailu5§�rò=��'?�½Ì??1�A�?n"02006 12� 4F§·��5êÆÆ�6?6Ü4�
�F&§¿Jø
k'áÆ"�F&�©Xeµ'uv�£vÒB6300¤�òv��F
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�¹�Ì?Ú�'�?6Ó�µ
1. ù°�F�9±en�©Ùµ£�N�¤
Paper A:

B. Bresar, S. Spacapan: Edge-connectivity of strong products of graphs. 2006 5� 23F§·Â�Discussiones Mathematicae Graph Theory?6Üu5�>fv�§��µ"§2006 6�
17F§µ"�."

Paper B:

J.-M. Xu, C. Yang: Connectivity and edge connectivity of strong product graphs. 2006 5� 25FÝ�5êÆÆ�6(v�?ÒB6300)"
Paper C:

C. Balbuena, P. Garcia-Vazquez and X. Marcote, Reliability of Interconnection Networks Mod-

eled by a Product of Graphs. Networks, 48 (3) (2006), 114-120. 2005 8� 22F§·Â�Tv§��µ""
2. 2006 11� 13F,5êÆÆ�6?6Üu5>fe���·�é"v<¿�?1)º§SNXeµ

Dear professor§
We received an email from the referee who is a member of the editorial board of Discussiones

Mathematicae Graph Theory (DM-GT). Could you explain why, in the following email, he said:

There are two papers:

Paper A: B. Bresar, S. Spacapan: Edge-connectivity of strong products of graphs

Paper B: J.-M. Xu, C. Yang: Connectivity and edge connectivity of strong product graphs (that is,

paper B6300).

May 3, 2006: Paper A submitted to DM-GT.

May 22, 2006: Paper A sent as .pds file to J.-M. Xu to referee it.

May 25, 2006: Paper B submitted to your journal.

Now, the main result of Paper B is the same as the main result of Paper A! Moreover, the proofs

are basically the same. Lemma 3 from Paper B is basically the same as Lemma 3 from Paper A. Figure

1 from B is Figure 1 from A. In the proof of Theorem 1 in Paper B, one has the same three cases as

in Paper B. All in all, the proof goes along the same way, just calculations (that can be done in many

different way) are different.

It is likely that the authors of the paper B worked on the problem earlier. But it is not clear whether

they solved it before May 22, 2006 or not. In any case, they WERE aware of Paper A at the time their

paper was submitted. And they do NOT mention it at all in their work.

3. 2006 11� 13F§·�á=é"v<¿�?1)º§SNXeµ£�©´=©§y�È¤¥©¤�¹�?6Ó�µa�\��5&"y3·�)º"v<J��¯KXe"·�8U
é�v
�yâ5y²µ·��ó�£Paper B¤é�Ò�¤
"
1) 2005 10�7F§�3�;�ïÄ)?Ø�þ±/Connectivity and Edge-connectivity of Strong

Product Graphs0ǑK�w
ù�ïÄó�£'·���Paper A�l�õ�¤"·���þ�?Ø�F§SüÚë\?Ø��P�ÚÓÆ�±y²ù�¯¢"
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2) 3 2006 3� 14F±d��¤�v£'·���Paper A�ü�õ�§½ö�õ��m¤§ù�±^ 3� 14F�>fe�Ǒy£��F>fe�¥N� yang06.tex§3ù�©��1�Ú1�1§·�²(I5µ% begin on 2005.12.12¶%first version is completed on 2006.03.13"Ù¢§·�3¤k©�¥Ñkù�I5¤"
3) ·�ÏLAÓ�?Ø§?UÚ�õ§y3�v�´3 5� 10F�?Uvþ�¤�§ù�±^ 5� 10F�>fe�Ǒy£��F>fe�¥N� yang06−b1.tex¤"±��?UÌ�´3=©�éL�Úã/L«þ"
4) 2006 5� 23F§·�´ÏL>fe�Â�Paper A§��µ"£�N�§�)Paper A¤"ù`²·��¤Paper B ´3��Paper A�"��§·�ÒuyPaper A ǑÕá��r�Èã�>ëÏÝ�·����(J"�Ä�Paper B Ø=�¹
Paper A �(Ø§��¹
:ëÏÝ�(Ø§Ǒ�Ø��Paper A �y²´Ä�(§u´§·�òPaper B u 2006 5� 25FÝ�5êÆÆ�6"y3§·�5)ºü�©Ù�y²Ǒ�o´���"Äk§·�`²�e§T©�Ì�(J´·�A5ïÄó��UY"2003±5§·�ïÄ
(k��Èã�ëÏÝ§¿Ü��¤���©Ù§uL3 2006�Discrete Math.[J.-M. Xu and C.

Yang, Connectivity of Cartesian product graphs. Discrete Math., 306(1) (2006), 159-165] (T©�Â�FÏ´ 2003 9� 11F)"2004 12� 10F§·�a¬)�h�¤
/Connectivity of strong product

graphs0ïÄ©Ù§ù�uL3¥I�ÆEâ�ÆÆ�[36(3) (2006), 241-243]þ"2005 10�7F§�3�;�ïÄ)?Ø�þ±/Connectivity and Edge-connectivity of Strong Product Graphs0ǑK�w
ù�ïÄó�"Ùg§·�`²�e^3T©y²¥�Ì�g�´ÄuPaper C��öC. Balbuena�<��{"·���Paper C ´3 2005 8� 22F§���µ"ù�vf��ÿ"�·�w�Paper C �§ÒuyT©v¥JÑ��{�±^5�Är�Èã�ëÏÝ"XJïÄPaper C Ò¬uy§�«�{^u)ûr�Èã�ëÏÝǑ´ég,�"·�Ø��Paper A ��ö´Ä´Paper C �µ"<��§Paper A�Ñ�ë�©z¥¹kvkuL�©z§�vk�¹Paper C"�Paper A�y²g´Ì�´Paper C �"·�3Paper B ¥Ì�(Ø�y²¥ǑæB
Paper C ¥g��{§Ïd§y²´���§ØǑÛ%"1n§·�`²Ǒ�o·�ïÆPaper A uL"·��¤Paper A �µ"´3 2006 6� 17F£µ"�w�N�¤"3µ"�w¥�ÑÚn 3´�Ø�"�·�Ä�Ǒ,T©���·����(Ø§�´Õá�Ñ5�§ØUÏǑ·��Ñ5
§ÒáýuLT©"u´§·��ª¿�´µXJ�ö�Ä?U¤k��Ø§·�±ïÆT©3Discussiones Mathematicae Graph Theory þuL"�vkw���·�®²¼����(Ø§ÏǑ·�Ǒù�(Ø´�pÕá�Ñ�"XJ`Ñ·�Ǒ�Ñ
aq�(J§7½¬KǑPaper A ��ÂÚuL"·���kndµàPaper A§ÏǑ^3y²¥�Ún 3´�Ø�"�·�vkù��"1o§·�`²Paper B �Paper A �ØÓ:��Ó:"̄ ¢þ§�·�$^ù��{ïÄr�Èã�>ëÏÝ��ÿ§E,��I��Ñ�(J§Ì�kü�æN"æN��´Ún 3£3 5� 10F�?Uv¥Òk
§���vkw�Paper A¤�y²"¯¢þ§Paper B ¥�Ún 3¥(Ø'Paper

A ¥�Ún 3¥(Ø�r�:§ÏǑ·��^�f�
"1��æN´Ì�½ny²¥��/ 3§·���{�Paper A ¥�{ØÓ"'uù�:§Paper B �µ"<3µ"�w¥ǑJ�"�u©n«�/§́ ÉPaper C �éu§�´ég,�¯�§·�3d©��vÒ´ù�©�£� 3� 14F��>fe�¥�N�¤"µ"<J�Paper B �Paper A ¥�ã 1 ´���§��'��eã/Ò
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��
"Ù¢ù´r�Èã(�«¿ã§=�´���§ǑØvǑÛ"1Ê§�u·�3Paper B ¥vkJ�Paper A, ·�Ǒ§·´ÏLµ"â��Paper A �§µ"<AT´���§ØU3,	©Ù¥J��µ"�©Ù§ù´"v~£"3ù«g���e§·�3©ÙǑvkJ�Paper C§ÏǑPaper CǑ´·µ"�§���vk�uL"�Û¹§Paper AÚPaper

B ´�pÕá/�Ñ5�ó�"·�©%a�Paper C ��öC. Balbuena, P. Garcia-Vazquez ÚX.

Marcote§��JÑ�#Ñ�{éu
·��ïÄ§¿¼�(J"ØL§Paper B XJ�ÂuL§·¬3ë�©z\þPaper A ÚPaper C �"
4. 2006 11� 15F§Brév�Paper B£vÒB6300¤�òv?n§ÙndXeµ

1) Paper A � Paper B �Ì�(Jþaq¶
2) Paper A ÝvFåǑ 2006-5-3, Paper B ÝvFÏǑ 2006-5-25, Paper A �uPaper B;

3) \"�Paper A �(Ø´ïÆDiscussiones Math. Graph Theory�ÂPaper A"
4) òvÏ�üµ/Ø·Ü�r, �s,Ý§r0"

5. ·��¿�:

1) Paper B �¹
Paper A ¥�Ì�(Ø§Paper A �y²�3¯K"
2) Paper BÚPaper AØ´Ý�Ó��,�§ØU{ü/±ÝvFÏ�Ǒáý�nd§�Û¹§Paper

B �y²¥y3�Ø§�k�u?U"
3) ·�ä½Paper A�(Ø´�(�§́ ÏǑ·��Ñ
ù�(Ø"·ïÆPaper AuL´k^��§�´w�(Ø´Õá�Ñ5�§Ǒ´?u�o�ö��£��Ú|�"
4) �uþãnd§/�s,Ý§r0§ùw,´ØÜ·�"
5) l±þ�±wÑ§·��©vPaper B ��¤�Paper A vkjÎ�éX"u´§XJT©y²�Ø§·�ïÆÌ?Ú�'?6Ó�l¢¯�´*:§l�o�ö��£��Ú|��ÆÝ§#�ÄT©�uL"·��"��\���E§���^w?S� Md²§�¥I�ÆEâ�ÆêÆX

200612�3F
2006 12� 6F§·�Â�5êÆÆ�6v�?nÏ�Ö [B6300]µ/Dear Prof. Jun-Ming Xu§The

editorial board maintains the original decision. Thank you very much! Best regards. 2006-12-06, Acta

Mathematica Sinica(êÆÆ�) ”3u�ù��F&�Ó�§·�Nþ�
7��©�Ú·���m'uv�?Ø�Ï&e�"5êÆÆ�6?6Ü�À·���F"��ùµ>fe�§·�é5êÆÆ�6�.�"
"�ùqU�XQºØ�UØ�/§�U�gC"
§4 �P���G§·�u 2007 3� 30FòdvÝ�5¥I�ÆEâ�ÆÆ�6"dvu 2007 3� 30F��Â§uL35¥I�ÆEâ�ÆÆ�61 38ò1 5Ï (2008)þ§�ë�©z [11]"d©uL�§·�E,vkJ9BrešarÚ Špacapan���©Ù§�+·��§uL
§�·vkw��ª©Ù§ǑØ����é·��¿�´No?U�"
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�
�Èã�ëÏÝ¯K"X©z [10]µéuü�ëÏ���ãG1 6= K1ÚG2 6= K1§§��(k��È�:ëÏÝ
κ(G1�G2) = min{κ1v2, κ2v1, δ1 + δ2}.ù�(J)û
B. Liouville [5]JÑ�ß�"3©z [13]¥��(½
ü�ëÏ���ãG1 6= K1ÚG2 6= K1�i;�Èã�:ëÏÝÚ>ëÏÝ©OǑ

κ(G1 ◦ G2) = κ1v2

λ(G1 ◦ G2) = min{λ1v
2
2 , δ2 + δ1v2}.3©z [12]¥��(½
ü�ëÏ�k�ãG1ÚG2�(k��Èã�:ëÏÝÚ>ëÏÝ©OǑ§

κ(G1�G2) = min{n1κ2, n2κ1, δ
+

1 + δ+

2 , δ−1 + δ−2 },

λ(G1�G2) = min{n1λ2, n2λ1, δ
+

1 + δ+
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