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H(G1|:|G2) > R(Gl) + R(Gg). (1.1)
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k(G1 ® G2) > min{r1(1 + d2), ka(1 + 61)}. (1.6)
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k(G1 * G2) > min{k(G1)v(G2), (6(G1) + 1)k(G2),0(G1) + 6(G2)}. (1.7)
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20054F9 H 11 H, TR LFHEN ., EEFABIZ LS RIS, 580i: “These results are of
important significance. All proofs are correct and well written. Especially, the proof technique presented
in the manuscript may be used to solve the connectivity of other kinds of product graphs. In my opinion
this paper is worth publishing in NETWORKS.”
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Comments: (#429)
Edge-connectivity of strong products of graphs

This paper discusses the edge-connectivity of strong products of graphs. It could be a constructive
approach. However, a flaw is included in this paper which many influence the correctness of the proof of

the main result of this paper.
Major Comments

There is a flaw in the proof of Lemma 3. The problem appears in Page 5, Line 5: If |AUB| > 4 we
find that next to 2degs(a) grey cross edges described in the previous paragraph, there are additional grey
cross edges, namely (a”’,v)(x,u) or (a”,u)(x,v), where a” € AUB and a” ¢ {a,a’} (where x € CUD is
a neighbor of a”)...

The argument is wrong if C' U D = ) (there will be no additional grey cross edges). And this is
possible, the counterexample is given by that G is a complete bipartite K, ,, (See the following Fig. where
G = Kgﬁg).



1: |AU B| > 4 but no additional grey edges

So the second assertion of Lemma 3, which claimed that pg (G, N C;) = pa(G, N C;) for i = 1,2 if
there are exactly 2A(G) grey cross edges, is in doubt. And so did the main theorem since it depended on

Lemma 3.
Minor Comments
1. Page 7, first line after Case 3.2, ‘d(k 4+ 1) > 01’ should be ‘d(k +1) > & .
2. Page 8, Line 4, missing something in ‘degs g(x,y).
Conclusions

If the authors will consider all these points in their revision, then I could recommend this paper for

publication in “Discussiones Mathematicae Graph Theory”.
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Lemma 3 Let H be a nontrivial connected graph with edge-connectivity A and B an edge-cut of
Ky ® H that separates aH and bH, then |B| > 2.
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Paper A:

B. Bresar, S. Spacapan: Edge-connectivity of strong products of graphs. 2006 4F5 H 23 H, &
e 3] Discussiones Mathematicae Graph Theory 2% & A i H TR fl, I TEH , 2006 456 H
17 H, PPHEEE.

Paper B:

J.-M. Xu, C. Yang: Connectivity and edge connectivity of strong product graphs. 2006 4F- 5
H 25 HER CHeEA 30 (R4 5 B6300)

Paper C:

C. Balbuena, P. Garcia-Vazquez and X. Marcote, Reliability of Interconnection Networks Mod-
eled by a Product of Graphs. Networks, 48 (3) (2006), 114-120. 20054F8 H 22 H, Tl #i%
Fiar, BB TEH o

2. 2006 F 11 A 13 B, (BEFR) FEDLKRBFHEERBNNERABRRIETHERE, AS
LU
Dear professor,

We received an email from the referee who is a member of the editorial board of Discussiones
Mathematicae Graph Theory (DM-GT). Could you explain why, in the following email, he said:

There are two papers:

Paper A: B. Bresar, S. Spacapan: Edge-connectivity of strong products of graphs

Paper B: J.-M. Xu, C. Yang: Connectivity and edge connectivity of strong product graphs (that is,
paper B6300).

May 3, 2006: Paper A submitted to DM-GT.

May 22, 2006: Paper A sent as .pds file to J.-M. Xu to referee it.

May 25, 2006: Paper B submitted to your journal.

Now, the main result of Paper B is the same as the main result of Paper A! Moreover, the proofs
are basically the same. Lemma 3 from Paper B is basically the same as Lemma 3 from Paper A. Figure
1 from B is Figure 1 from A. In the proof of Theorem 1 in Paper B, one has the same three cases as
in Paper B. All in all, the proof goes along the same way, just calculations (that can be done in many
different way) are different.

It is likely that the authors of the paper B worked on the problem earlier. But it is not clear whether
they solved it before May 22, 2006 or not. In any case, they WERE aware of Paper A at the time their
paper was submitted. And they do NOT mention it at all in their work.
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k(G10G32) = min{kqve, kavy, 01 + da}.
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k(G10G3) = min{nlfiz,nzm,(5{r + 5;,5; + 45},
)\(G1|:|G2) = min{nl)\g,nz)\l, 5ii_ + 5;_, 51_ + 52_}

1 TR IR H TS ARG B R E SR N7 2006 SE0T 784 BB 2= g0 H 558, 2006 £
Pz, 2007 R ERFERE GG P, W —EIRAG R A

S2 30k

C. Balbuena, P. Garcia-V azquez, X. Marcote, Reliability of interconnection networks modeled by a product
of graphs. Networks, 48(3) (2006), 114-120.

J. C. Bermond, C. Delorme, and G. Farhi, Large graphs with given degree and diameter II, J. Combin.
Theory, Series B, 36 (1984), 32-48.

Bostjan Bresar and Simon Spacapan, Edge-connectivity of strong products of graphs. Discussiones Mathe-
maticae Graph Theory, 27(2) (2007) 333-343.

W.-S. Chiue and B.-S. Shieh, On connectivity of the cartesian product of two graphs. Applied Math. and
Computation, 102 (1999), 129-137.

B. Liouville, Sur la connectivite des produits de graphes. C. R. Acad. Sci., Paris, Ser. A, 286 (1978), 363-365.
G. Sabidussi, Graphs with given group and given graph theoretical properties. Canadian J. of Math., 9
(1957), 515-525.

VR, #RR1W], Connectivity of strong product graphs. H ER} 25 AR K2 24], 36(3) (2006), 241-243.

J.-M. Xu, Connectivity of cartesian product digraphs and fault-tolerant routings of generalized hypercube.
Applied Mathematics, a Journal of Chinese Universities, 13B (2) (1998), 179-187

R W], #i8, Connectivity of Cartesian Product Graphs. Discrete Mathematics, 306(1) (2006), 159-165.
¥R, #it, Connectivity and super-connectivity of Cartesian product graphs, Ars Combinatoria. Accepted
on 2006-07-11.

i, R W], Connectivity and edge-connectivity of strong product graphs. F EEI22H AR K22 244, 38 (5)
(2008), 449-455.

Wi, %2, Reliability of interconnection networks modeled by cartesian product digraphs. Networks,
Accepted 2007-08-27. Available online 25 January 2008. 2007—DOI 10.1002/net.

Wi, #x# W], Connectivity of lexicographic product and direct product of graphs. Ars Combinatoria. Ac-
cepted on 2007-01-10.



